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[ The information in this box may be used in any question.

The Pauli-matrices are:
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The gamma matrix representation of the Part Ill Particles lecture course was:
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which has the following properties:
O =7 Y =y O =y ) =7 and Y = -y

Using the above convention, the Part Il Particles lecture course defined the following
particle and anti-particle spinors:
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for objects whose three-momentum p is given by |p|(cos ¢ sin 6, sin ¢ sin 6, cos 6) where

¢ = cos g and s = sin g. The normalising constant is N = VE + m.

i~ 1.05x 1073 kg m?/s, ¢ ~3.00 x 103 m/s, e~1.60x107"C.

me =5.11 % 10~* GeV. m, =m, = 1.67 x 107" kg.
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1 A B° meson contains an anti bottom quark together with a strange quark and so
both it and its antiparticle are referred to as strange b-mesons. In 2013 the LHCb

—0
Collaboration published a paper' describing evidence for BY — B, oscillations for strange
b-mesons produced in proton-proton collisions at the Large Hadron Collider.

(a) Draw a Feynman diagram indicating the process(es) most likely to allow

=0 ..
B® — B, mixing.
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A figure from the LHCb paper is reproduced above. The filled-circle data points labelled
‘Tagged mixed’ count events in which the experimenters believe that a strange b-meson

. . . =0 =0
was produced with one flavour but decayed with another (i.e. B> — B, or B, - BY),
while the open circles labelled ‘Tagged unmixed’ count events in which the
experimenters believe that a strange b>-meson was produced and decayed without

changing flavour (i.e. B — B? or E? — ES). In both cases, the ‘candidate’ counts are the

number of events which were observed to have ‘decay times’ (i.e. times between birth

and death) which lie in the relevant bin of the histogram.
(b) How might the members of the LHCb collaboration have been able to
determine the flavour of the strange h-mesons at production?

(c) How might the experimenters have been able to determine the flavour of the

strange b-mesons at decay?

(d) Explain why, for positive decay times ¢, and in the absence of any oscillations
or detector considerations, one might expect the probability density p(t) for B

decay times to be proportional to

Al
e cosh( t)

2

where I, is the B? decay width and AT, the decay width difference between the

light and heavy mass eigenstates.

(e) The experimentally observed data shown in the LHCb plot do not look much
like the function we have just derived. What are the likely causes of the differences

you can see, and what do they tell us?

Precision measurement of the B — BY oscillation frequency with the decay B — D;n*,

s
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2 In the deep inelastic scattering of an electron with four-momentum p; by a proton
with four-momentum p;,, the following Lorentz invariant variables can be defined:

Q2 . P2 q

Q*=-¢; x= Dy
2p>-q p2- pi
where g = p; — p3 and p; is the four-momentum of the scattered electron. Neglecting the
mass of the electron:
(a) show that Q% > 0;
(b) by considering the invariant mass of the final state hadronic system, or
otherwise, determine the range of values which x can take. Comment on the
physical significance of x, and comment on the interpretation which can be
attached to events with x = 1;

(c) deduce the nature of the limiting case or condition in which y relates to the
centre-of-mass-frame scattering angle 6* of the electron via the formula:

1
y= E(l—cos@*).

The so-called ‘Drell-Yan’ process is the production of lepton pairs (£*¢7) in
hadron-hadron collisions through the annihilation of a quark and an anti-quark into a
photon.
(d) Draw the Feynman diagram for this process and explain why the cross section
is non-zero for proton-proton collisions.

The cross section for gg annihilation is

dra? ,
o=———e
3 51
where ¢, is the quark charge (i.e. ¢, = +§ and e; = —% and § is the quark-anti-quark

energy in their centre-of-mass frame.
(e) Neglecting any strange quark contributions, show that the parton model
prediction for the pp — X differential cross section can be written in the
form:

d*o
dx1 dX2

= {ATu(x)a(xn) + u(x)atx)] + B|d(x)d(x) + d(x)d(x)]}

in which s is the centre of mass energy of the proton-proton system, and in which
A and B are two real constants which you should determine. Your answer should
make clear what the functions u(x), d(x), it(x) and d(x) represent, and to what x,
and x, refer.
Drell-Yan production of muon paris has been studied in pion collisions with carbon
targets. Carbon (C) contains an equal number of protons and neutrons.
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(f) If the invariant mass of the observed u*u~ system is Q?, explain why the ratio

p defined by
_o(@C - utuX)

p= o C - utuX)
might approach unity for small Q?. Furthermore: what might you expect it to
approach to as Q* approaches s? [5]

The Super-Kamiokande water Cerenkov detector observes solar neutrinos through the
elastic scattering of electron neutrinos from atomic electrons.
(a) Draw the two lowest order Feynman diagrams for the process of v.e™ — v,e”
scattering. 2]
The Lorentz invariant matrix element for the charged current contribution to v,e™ — v.e~
scattering can be written

2 1 1
My = 20 |y 5 (1 =y up)| [0 )7 50 =7 upo)|.
2my, 2 2

(b) Show that, in the limit where the electron and neutrino masses can be
neglected, the only scattering processes to have non-zero matrix elements are
between left-handed helicity particles, and that for those the matrix element can be
written as follows:
g2
Myi = 2y [Py s (pi)) [P}, )Y (po)|
w

where u is a left-handed helicity eigenstate. [5]

(c) Considering only the charged current contribution to v,e™ — v.e” scattering,
and working in the centre-of-mass frame, express My; in terms of the
centre-of-mass energy, /s, and show that the total cross section is given by

2
Gis

O-(Vee_ - Vee_) = s
T

where Gr/ V2 = g%,/8m2,. [10]
(TURN OVER
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Solar neutrinos detected in Super-Kamiokande are produced primarily from the
8B — "Be + e¢* + v, process and have a mean energy of approximately 10 MeV.

(d) Obtain the value of o(v.e™ — v,e”) at this energy, expressing your answer in

S.I. units.

2.1

The flux of ®B solar electron neutrinos at the Earth is expected to be 2.3 x 10! m=2s7!.

(e) Neglecting all interactions other than the charged current interaction, estimate
the number of 8B solar electron neutrino interactions per day in the
Super-Kamiokande detector, of mass 5 x 107 kg.

(f) Briefly explain how solar neutrinos are detected in the Super-Kamiokande
experiment and how they are distinguished experimentally from the background
due to radioactive decays.

matrix conventions adopted by the lecture course:
i) For spinors  and ¢:

UY'® = Ui + oo + Uis + Ui,

UY'¢ = Yida + Yoy + Uida + Vidy,

Uy’d = —iWids — Uss + Wiga — Wi,

VY’ =065 = Wads + W1 — Ui,
ii) With starred quantities being defined in the centre-of-mass frame, the differential
cross section for a two-to-two scattering process satisfies:

do 1 Pl <| |2>
Ao~ e4n2s pr |\

iii) Gr = 1.166 X 1073 GeV_z, m, =5.11x107* GeV, m, = 0.94 GeV = 1.67x107% kg
land e = 1.6 x 107 C.

END OF PAPER

[ You may make use of the following pieces of information which make use of the gamma- ]
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